
Definitions for Unstable Formula Theorem: 
 

 
  We want to generalize that just a bit to "L-order property" for an arbitrary linear 
ordering L. By compactness, the statement doesn't depend on the infinite ordering 
chosen. 
 
   The following refines Baldwin's Definition III.1.15 on p. 58, which appears as (4) 
below. A phi-m-type is just an phi-type.  

 
 
And finally, Shelah's R-ranks, an amalgam of definitions VII.2.2 and III.1.10 in Baldwin: 

 
 



This is a "phi-kappa-tree above p" for a formula phi, a type p, and a cardinal kappa. 
If unspecified, p is { x=x }.  

 
 
  The 10 equivalent conditions: 
1 big phi-stone space for all lambda 
2 big phi stone space for one infinite lambda  
3w order property 
3f L-order property for all finite linear orders L 
3w* L-order property where L is omega with the opposite ordering 
4 phi-trees of every finite height 
5 phi-trees of every ordinal height 
6 R^m(x=x, \phi, \infty) = \infty 
7 R^m(x=x, \phi, 2) \geq \omega 
8 there is a type which is not definable 
9 for every psi, there is a phi-type which is not psi-definable 
10 no phi-stone space has infinite Cantor-Bendixon rank 




